MBbI Ipoao/IKaeM U3yYaTh TEMY
«IlpousBoagHasA PYyHKIIHM

MBI HO3HAKOMHUMCH ¢ TIPUMEHEHUEM
MPOU3BOTHOM IJI1 HAXOKIACHUSA
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y IlpuMeHeHne MPON3BOTHON K
HUCCJICTOBAHUIO (PYHKIIUU.

_.__>

Kpurnueckue TOUKH

(DYHKIMH.



IloBTOpEHHE:

~ OIMUCAHME CBOUCTB QPYHKIMH IO €€ rpaduKy

HU3yuyeHne HOBOIO MaTepuaJia:
__TOYKH IKCTpeMyMa (PpyHKIIUHA
CTAIIMOHAPHBbIC TOYKHU (PYHKIIAH

KPUTHYECKHE TOUKH PYHKIIUH



IloBTOpEHME

f(x)=... f(x)=...

~F

t(x)=... t(x)=... f(x)=...

f(x)=...

0 1



ITlocTaHoBKa NMPo00JIEMbI

Kak Ha3bIBalOTCH TOUYKH,

B KOTOPbIX (PYHKIMA «MEHACT Xapakrep»?

Kak Hautu >

TOYKH,
@ He BBIMOJIHSAA @
MOCTPOCHUSA a
rpaguka

GyHkmuu?



1. Touku 3kcTpeMyma.

1.1. Toukn makcumyma.

y y =1 (x)

Touka X, HasbIBaeTcsl mouxou maxcumyma pyakunn f(x),

CCJ/IN CYHICCTBYCT TaKasl OKPECTHOCTDb TOYKH XO’

4TO JUIsl BCEX X # X, M3 3TOH OKPECTHOCTH
BBINOJIHSIETCS HEPABEHCTBO f(x) > f(x ).



1. Touku 3kcTpemyma.

1.1. Toukn makcumyma.

y y =1 (x)

fix )>f(x)  f(x,)>f(x) f(x, ) > f (x)

Toukn mMakcumyma: X=X , X=X , X=X,



1. Touku 3kcTpeMyma.

1.2. Touku MUHUMYMA.

y y =1 (x)

Touka X, Ha3bIBaercss mouxou munumyma Qyakumm f(x), ecim

CYLIECTBYET TaKasi OKPECTHOCTb TOUKH X,

4TO JUIsl BCEX X # X, U3 ITOH OKPECTHOCTH
BBINOJTHSIETCSI HEPABEHCTBO f(x) < f(x ).



1. Touku 3kcTpemyma.
1.2. Touku MUHUMYMA. y = (x)

fix,)<f(x)  f(x;)<f(x) f(x,)<f(x)

Touxkn MuHuMyMa: X=X , X=X_, X=X/



1. Touku 3xcTpemyma.

1.3. Touxkn MakcuMyma M TOYKH MHHHMYMa
HAa3bIBAIOTCS MOYKAMU IKCHpemyma (PyHKIIUH.

3HaueHue QyHKUMH
B TOYKeE IKCTpeMymMa
Ha3bIBAETCSH
IKCHPEeMYyMOM

¢dynukuuu.

Makcumym

f f
(pyHKIMH () T

MuHUMyYM

ST f(x,) f(x;)



1. Touku 3xrcTpEeMyma.

1.4 KacareiabHast k rpapuky (pyHKIMU, IPOBEACHHAS B
"7"  Touke IKCTpeMyMa nmapaJuiejbHa ocu OXx.

Teopema Depma.

Iycrs pynkuus f(x)
omnpenejeHa B
HEKOTOPO OKPECTHOCTH
TOYKH X, H
auppepeHuupyema

B 3TOH TOYKE.

Eciu x, — mouka
IKCmpemyma pyHKuuu

f(x), mof (x,) = 0.

y =1 (x)

flx, ) =F(x,)=F(x,)=f(x ) =0



2. Touku neperuoa.

y=«Xx

3

y (x) =3x°
y (0)=0

TOUKaA X=(0 He 9BasgeTcHd
TOYKOH IKCTPpEeMyMa

(GyHKIUMU

Touka X = (0 saBJasgercs
MOYKOU nepezuoa

(GyHKIUMU



3.CTtanMoHapHbIe TOYKH.

Touyku B KOTOPBIX NPOU3BOAHAA PYHKIMH PABHA
HYJII0, HA3BIBAIOTCH CHMAUUOHAPDHBIMU MOUKAMU

(GyHKIMH.

v N

CranuoHapHsbie
TOYKH

N 4

Touka makcumyma

Touka MuUHUMYMA

Touka neperunda




4.1.

4. Kpurnuyeckue TOYKM (PYHKIUH.

y

y=|x-2/-1

DYHKIMA MOXKET UMETh
IKCTPEMYM B TOUKE, B
KOTOPOM OHA HE UMeeT
IPOU3BOAHOM.

TOYKA X = 2 ABJISETCS
TOYKOHU IKCTpEeMyMa
(TOYKOI MMHMUMYMA)

(pyHKIHAH

B TOUYKe X = 2 (DyHKIUS He
UMeeT NMPOU3BOIHOU



4. Kpurnuyeckue TOYKM (PYHKIUH.
4.2.

BHyTpeHHsA TOYKA
o0J1acTH onpeaeieHus (PYHKIMM,
B KOTOPOH 3TAa (PYHKIUSA UMeeT MPOU3BOIHYIO,
PABHYIO HYJIIO
WA He UMeeT MPOU3BOIHOM,
HA3BLIBACTCH KPUMUYECKOU MOUKOU ITOA

(pyHKIHM.



5. BoinnoJiHeHue 3a1aHUM.

X = 0 TOYKA MI/IHI/IMyMa TOYKA MaKCI/IMyMa
TOYKA Hepernﬁa CTaIII/IOHapHaH TOYKA
Xx=2
KpI/ITI/I‘IeCKaH TOYKA TOYKA 3KCTpeMyMa



S. BoinmoJiHeHue 3a1aHUN.

S.2.

. MHUHUMYM (pyHKIUHU paBeH () @ﬂA

f(x)=0 @

npu x=-2

y =1(x) f(x)=...

6. f(x) ne cymecrsyer
npu X= -2

BepHo Ju, 4To:

1. x=-2 —TouKka nmeperuda @
2. MHUHUMYM (PYHKIMH paBeH (-2) @
3. Xx=-2- TOYKa MUHHMYMA @
4
S




S. BoinmoJiHeHue 3a1aHUM.

5.3. Haiigute kpuTnueckue Toukn pynkmun f(x) = x>+0,5x>— 4x

1. ®yHKuMsa onpeaesieHa AJs BceX 3HAYCHUH X.

2. Hailiém npousBOAHYI0 (PYHKIMH

f'(x) =3x*+x— 4

ey g raTvE =2 <HE P grPreE=am_

H T v um - dbrbry>ysascanensas TCX)D»

e B o g o =P <y =3 = &= NN -1

FE S E<C T O P il O N JrFa<c I E o T BN
AN T W K =
ImEandprhdpPprbB e < EE I EE P NS S TVvE ==

O T N «» EE N adDTE e o

B C Ccommm ~~,, — FFZ a>rP=F Fr<aF

P I<CIFIEFI T VT P VT aF PP T II<TFLTITS

& < PN Frrz e g C o, P —— €9

TH e eargr e ~m=a =<H> < g»r~m =
EE S = «<dr> snscaxnn s TC><>

Pe S = S = R=SL P S = = W N

e RECTr R TP ErPCrEE P EC R N RN «» <



S. BoinmoJiHeHue 3a1aHUM.

TTEE T e e e e e T e S S — W TR e e e S
T e e T T T T e = = ., eSS eSS e ST e . T T—m e
R B S e ——_— — T ——— T
i SE ER E eeeehae  Saag e S e R =T . — T I T e T T T e T e T T
5 4 T e T —— - T g ——
- e ST R - = e e R = e == S SR S BT S e, R = L RS e =
L] ° — T T T e e R e f—
T e v M W N L — ol e i i
e i e i R e W, T e T R T i i il lll il alll il ot

T T— e - _— - T T - —_— -

1. ®ynkuus onpeaenena 1 x £ 0 .

M e g raTvE = <P gr@PvE =2 o

T v < rnxw- dbys sascanensas F(CX)D»

e B 8 g o PP R <Jp =3 = &= NN -1

FE CEC SO T O PO O FecC & E IO C T ER
MO TEESEET X o B = &
anemndprhdPpc P T TN EE P VYV S TVE =R

- e s el e B =~ Giis el e L= 8 S 2 <.

T coanwwm ~,_, — FFZ P =Fr<ar
I IFIFEFIET VT P VT LT PP T TLTITS
fC x>y Frrao FJ (<o P — OO

M eceOogprava=a <dr>aecgrPva=a_

Tl vcrax e ddov eascanensas FCx)
COIIPPFC ITCcIJICELI=A =

N CEC IO T OJPPOINE ONJI P EC T HOC T ER
MO FCEET X =u
IanEadpPpdPD P EI IR EE P VYV CITVE =R

= O E ORBE N OTEERKCc.

Tcoaesm X, — FFPZoO=s7r<ar
P I<CFFEFIEENT P NT T PP T I Ig IS
f x>y . Frzof (5, D — OO
Tl e argra-T~m=m =<H > ac-ger~m=m _
W E S < m- «ffry EmmmcEmEmsx T <>
e e R T
il St S
Jl"c}‘::qj‘s%!:)—(;-f--l"pyc“x‘

B ommE ~, —— srwer—— e



UToru ypoka

A Touka MUHUMYMA QYHKIIUH

A Touxa makcumyma GpyHKIUH

A Touxu sxcrpemyma QyHKIUM

A Touka nepernéa pynxuum

A Crannonapnsie TouKH GPyHKIUH

A Kpuruueckue Toukn GyHKIuM

A Ixcrpemym pynkouu

A, CroiicTBO NPOU3BOAHOM B TOUKE IKCTpEeMyMa



/Kenaro Bcem
YCIIEX0B B H3yYCHUH TEMbI!
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